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Khéi bat dién déu

STUDY TIP:
Gia st cac ham s6 flién
tuctrén Kvaa b, c la
ba s6 bat ki thudc K thi

If(x)dx

f(x)dx+J:f(x)dx

D ey T

STUDY TIP:
Ham s6 bac ba c6 hai
diém cuec tri, néu hé s6
a>0 d6 thi hAm s sé
c6 dang N (meo nho).
Néu hés6 a <0 thi do
thi ham s6 ¢6 dang
nguoc lai.

PAP AN (Ma dé 132)
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HUGNG DAN GIAI CHI TIET
Cau 1: Dap an D.
Ta c6 hinh bat dién déu nhu hinh bén, nhan thay hinh bat dién déu c6 tat ca 12
canh.
Cau 2: Pap an C.
Vi la chon ménh dé sai nén ta xét tirng phuong an mot.
Véi A: A la ménh dé ding do day la tinh chat cua tich phan.
Vi B: B tuong tu A cung la tinh chat
Gia st cacham s6 flién tuc trén K va g, b, ¢ 1a ba s6 bat ki thudc K thi
b c c
J-f(x)dx+£f(x)dx = _[f(x)dx .
V6i C: Nhan thay C sai do VP = j f(x)dx.

b

Cau 3: Pap an C.

Ta thdy ham s8 6 lim f(x)=0=> d0 thi ham s& c6 mét tiém can ngang la

duong thang y = 0hay chinh la truc hoanh.
Dbén day ta loai A, B va chon ludn C.
Cau 4: Dap an C.

Tacod y'=-3x"+6x=0<

Tacotiép y'>0; Vxe (0;2) nén ham sd dong bién trén (0; 2).

* Nhan thdy day la ham sd bac ba c6 hai diém cuctrila x=0 va x=2 vaco hé

s8 a=-1<0, do vay ham s§ da cho dong bién trén (0;2).

Cau 5: Dap an C.

Ta c6 P(x)zje3xdx=1.e3x +C.Ma F(0)=1, do vay lovico1ec=2,
3 3 3

Cau 6: Dap an B.

Do dai doan thang MN duoc tinh bang cong thiec MN =+/3> +0” +4” =5.

Cau 7: Dap an C.

Tacod n= (—3; 0,'2) .

Cau 8: Dap an B.

Tt hinh vé ta suy ra s6 phttc z=3+2i = z2=3-2i. Vay s0 phtic lién hop ctia s&
phtic z c6 phan thuc 1a 3, phan o la 2.



STUDY TIP:
Chi c6 khéi tiz dién
dwoc ap dung cong
thitc ti 1& thé tich nhw
bén. Cho hinh chép
S.ABC, c6 cac diém A’,
B’, C’ Tan luot ndm trén
cach canh SA, SB, SC thi
Voanc _ S_A' S_B, S_C
Vo SA SB'SC

SABC

Cau 9: Dap an D.

Ta c¢6 cac ménh dé A, C sai giong nhau do thiéu cac hang tk ¢ gitra.
Ménh dé B sai do (%j = a_a .
Cau 10: Pap an A.

Ta c6 hinh vé bén:

Ta thay V. L

SBCD ~ b
day ABCD gap doi dién tich day BCD.

Mit khéc, ap dung cdng thikc ti s6 thé tich trong hinh chép tam giac ta cd:
V

Voo SESBSD 2, 2, 1, 1

1% SC SB SD 3 3

V.

« ancp» 0 hai hinh chép nay chung chiéu cao va cé dién tich

. SBCD 3 SABCD 3 .

Cau 11: Pap an B.

Ta c6 —n la s6 khong nguyén, do vay ham s da cho xac dinh khi

2x-x* >0 0<x<2.

Cau 12: Pap an B.

Tacd I(1;-2; 2)= R=/1? +(-2)* +2* —(-m) =\m+9 =5 m=16.

Cau 13: Dap an A.

Ta thay ham s6 da cho cd hai diém cuctrila x=1 va x =2. Ta thdy mdc du dao

ham ctia ham s6 khong ton tai tai x =2, nhung ham s6 van c6 thé dat cuc tiéu
tai x =2. Diéu nay da duoc tdi phan tich rat rd trong cudén “Bo dé tinh tty mon
toan 2017 & cudn Chat loc tinh tiy mén todn nam 2017”.
Cau 14: Dap an B.
Do thé tich ctia hinh ldng tru da cho la V = B.h =34’ nén chiéu cao ctia hinh

3 3
lang tru da cho la hz%ze’i:?)a.

a2

Cau 15: Dap an D.

V6i m=0 thoa man yéu cau dé bai.

Voéi m#0 :

Trudc tién, d€ ham s6 da cho nghich bién trén R thi

m<0 m<0 m<0
2 & ) = < -1<m<0.
(-3m) -3.m.(-3)<0  (9m*+9m<0 ~ [m=-1

Véi -1<m <0, d€ do thi ham s6 da cho khong c6 tiép tuyén song song vdi truc
hoanh thi hé s géc k= f'(x,)#0 véi moi x,, tirc 1a phwrong trinh y'=0 v
nghiém, vay ta chon D.

Cau 16: Dap an D.

Ké truc duong tron cua tam giac ABC, 14y giao diém I cua duwong trung truc
canh SC va truc duong tron, khi d6 I 1a tam ctia mat cau ngoai ti€p khdi chop
S.ABC. Ki hiéu nhu hinh vé:

Khi d6 IC la ban kinh ctia mat cau ngoai tiép khdi chdp. Ta ¢6 IDCG la hinh chiv

3a\/§ T
=2a

2 4.(
2 2 2a 2
nhat, nén IC =+/CD* +CG” =, /SZ + 4C$/I = ( 4) +

9
Dén day ta c6 thé tu dua ra cong thirc tdng quat cho cac bai sau.




STUDY TIP:
Nhiéu ddc gia nham 1an
gitta cong thikc tinh cos
goc gitta hai vecto va
goc gitra hai duong
théng. Géc gitta hai
duong thang luon la
goc nhon, con goc gitta
hai vecto, ¢4 thé nhon
hodc tu, (do vay trong
cong thike tinh cos goc
gitta hai vecto khong cé
tri tuyét déi o t).

Cau 17: Pap an D.

- 4x°
Tacof(x)zxjj_1

Cau 18: Dap an D.

:f'(l)zgzz.

Tacd y'= (xze" )' =2x.e" +x°.¢", khi d6 bat phuong trinh y'<0 trd thanh
2xe" +x°e" <0< et (2x+x2)<0<:>x(x+2)<0©—2<x<0 (Do ¢* >0)
Cau 19: Dap an A.

Ta co Z = (—3; 1; —2);u7. = (6; —2;4) = —Zu—d .

Lay A(2;-2;-1)ed, nhanthdy A¢d'. Do vay d| d’.

Cau 20: Dap an A.

2
Ta cé f’(x)=3—( 3 )2=0<:>{(x+2) =1<::>x=—1(do’taxét’créntélpD).
x+2 x# =2

Ta c6 bang xét dau:

x -2 -1 1

y - 0 +

Vay ham s6 da cho c6 mot diém cuc trila x =0. Vay B dung.

Ta thdy, ta khong so sanh duoc f (1) c6 phai GTLN ctia ham s trén D hay
khong, do vay ham sO khong dat GTLN trén D, ttrc A sai.

Cau 21: Dap an A.

Tacé BA=(0;1;0), BC=(1,-10).

BABC 0.1+1.(-1)+0.0 e NP

BABC [y fe+(c1) V2

Khi d6 cos ABC =

Cau 22: Dap an C.

> 1 3x+1
Cach 1. Ta c6 2* -1 =3x+1 <:>x2 _12108_2 (3x+l) <:>x2 1= 083 _ x+1

log, 2 - log, 2
< log, 2.(3(2 ) —x—-1-log,2=0, do phuong trinh da cho c6 hai nghiém, nén ap

a+b= L
S : log, 2
dung dinh ly Viet ta co =ab+a+b=-1.
-1-log, 2
ab =
log, 2
, 2x—1 x+1
Cach 2. Tacd 2" 7' =3 < 207D = 3+ <:>( 3 J =1
x+1=0 te—l=ga
= 2)(—1

=
3 =1 x=1+log,3=b

= a+b+ab=-1+(1+log,3)—(1+log,3)=-1.
Cau 23: Pap an B.



Ta c6, do a, b déu la cac s6 am, do vay khong ton tai Ina, Inb, nén ta chon B.
A Cau 24: Dap an D.
Nhan thay, d& phuong trinh |f(x)|=m c6 4 nghiém d6i mot khéc nhau thi ta
stt dung phép suy dién d6 thi, day 1a bai todn twong ti ma t6i nhdc dén trong

cau 3 dé 1 cuén “Bo dé tinh tiy mon toan nam 2017”7, clng la bai toan xuat hién

3 trong dé thi thtt cia SO GD&DT Hung Yén va Dé Chuyén Lam Son ma t6i da

giai chi tiét. Nhu sau:
1 Ta c6 d6 thi cia ham y = ‘ f (x)‘ nhu hinh bén.

SO giao diém cua d6 thi ham s6 y = ‘ f (x)‘ va duong thang y =m (cuing phuong

0 Y Ox)lass nghiém ctia phuong trinh ‘ f (x)‘ =m.
, . A A A AT . |m=0
Vay dé phuong trinh trén c6 4 nghiém d6i mot khac nhau thi " 3
m=

Cau 25: Dap an D.
Ta thay day la dang tich phan ma tdi ¢ nhic dén trong chuyén dé bd sung mot
s0 van dé veé tich phan.

3 3 (x+3)-x 1 1
¥ +3x x(x+3)

Taco x(x+3) "X x+43

Do vay

P03 (11 5
.[ 5 dx:.[ - - dx=(1n|x|—ln|x+3|) =In5-In8-Inl1+1n4
1 X" +3x \x x+3 1

=In5-3In2+2In2=In5-In2 =a+b=0.
Cau 26: Dap an D.
Ki hiéu nhw hinh vé ta co:
Véi H la giao diém ctia AC, BD, khi d6 H la tam ctia hinh vuéng ABCD, suy ra
SH la duong cao cua khdi chép S.ABCD. Vay SMH =45°= tam giac SHM
AB_AC o

2 2242

2 3

() -2

vuong can tai H. Vay SH=HM =

Vay Viiep =S pep SH =

ABCD — 3

A
N

W=

Cau 27: Dap an B.

x=0
Tacd y'=4x> —2x° —2x=0<::>2x(2x2 —x—1)=0<:> x=1 .
-1
x=—
2
Ta c6 bang xét ddu y':
1
N o -3 0 1 400




STUDY TIP:
Trong cac bai toan
Oxyz, phwong trinh
duong thang thuong
duoc dua vé dang tham
sO dé€ rut gon an.

STUDY TIP:
Vi céc bai todn vé s
phtic, chuy i* =-1,
nén ta c6 thé don gian
hoda biéu thitc bac hai vé
bac moét.

\ \ 2 7 A A \ N . «A? « A7 \ 1 \
Nhin vao bang xét dau ta thady ham s6 c6 hai diém cyc tieu la x = > vax=1,

R ST o 1 1 5 2
tiec ham s0 c6 hai gia tri cuc tieu la f(—EJ:—E va f(l)z—g.
Cau 28: Dap an C.

x=-1+2t
Dub’ngthéng Aqy=-2-t .
z=2t

Goi d 1a duwong thang di qua M va vudng géc véi A, d"A=N,suyra Nla
trung diém cia MM'.

Khi d6 N =(-1+2t;-2-;2t) = MN =(-3+ 2,1~ 1,2t - 1).

Do d vudng goc véi Anén (-3+2t).2-1.(1-t)+2.(2t-1)=0<t=1.
Khi d6 M'(0;-3;3).

Cau 29: Dap an A.

Taco f (x) lién tuc trén R, nén ta cé
if(Zx)dlejf(Zx)d(Zx)zlj‘f(u)duzl.Zzl. Vay A sai.

! 29 25, 2

Cau 30: Dap an D.

Ta co z:1+\/§i:>1: 1-3i 1 V3

1
z 1+3i 1-3 4 4

Cau 31: Dap an B.
Tt d6 thi ham sd ta thdy ham s6 da cho luén dong bién trén ting khoang xac
dinh, suy ra ad —bc >0 <> ad > bc .

y ‘ \ A A a , A N Ao A
Mat khac duong tiém can ngang y =—nam phia trén truc hoanh, do vay —>0.
c c

Duong tiém can dang x = —é nam bén phai truc tung, do vay —é <0 E > 0.
c

c c
a>0;c>0
N o 1la<0;c<0 a>0;c>0;d>0
Ttr day ta co = .
d>0;¢>0 a<0;¢<0;d<0
d<0;c<0

\ . 2 NA . Y A~ 7. \ A .« A? /4 A A 7 b
Ma giao ctia d6 thi ham s6 véi truc Oy la mot diém co6 tung do am, tic y <0.
Va giao ctua d6 thi ham s6 véi truc Ox 1a mot diém ¢ hoanh d6 duong, tic la

_—b >0 k <0.
a a
Ttr cac dix kién c6 dwgc thi ta thdy b luon khac ddu véi g, d nén ta chon B.
Cau 32: Dap an B.
z,=2+i=z +1=-1+i

Phuong trinh c6 hai nghiém ) )
z,=2-1=2z,+1=-1-1

Khido w=(i-1)" +(i+1)"

Taco (i-1)" =(i* ~2i+1)" =(-2i)"



yzz_\ Y=

O X

STUDY TIP:
O bai toan nay ta c6 thé
nham nhanh la dap 4n
A, boi khi nhan lién
hop, bac tit sé cao hon
bac mau, khong ton tai
tiém can ngang, do vay
dé thoa man thi hé sd
ctia hang t cd bac cao
nhét & tir s8 phai bang
0, nén chon A.

STUDY TIP:
Cong thirc tich phan
tteng phan:

b b b
Juvdv =uv —Ivdu
a a

a

(i+1)" =(* +2i+1)" =(2i)"
Suy ra w=(-2i)" +(2i)" = 250.((—1')50 i ) 2% (2)=—2"
Cau 33: Dap an A.

Pé ham s6 c6 tap xdc dinh D=R thi 4" -2"+m>0,VxeR..

S2¥ -2 +m>0,Vx.
Tt A=(—1)2—4.m<0<:>m>1.
4

Cau 34: Dap an B.

Khi d6 dién tich toan phéan ctia hinh tru ¢6 hai ddy lan luot ngoai tiép hai day
cta hinh hop chit nhat da cho la:

Duong tron ngoai tiép hinh chit nhat ABCD c6 ban kinh R=

5, = 2.n.(aJ§ )2 +21ay/2.332a = 167 (dvdt)

Cau 35: Dap an C.

Dién tich hinh phéng duwoc thé hién ¢ hinh bén.
Xét phuong trinh hoanh d6 giao diém :
¥=2-xox=1

¥=0=x=0

2-x=0x=2

Ta nhan thdy S:j‘x3dx+j.(2—x)dx:jx3dx+(_2i2+2xj

0 1 0

2 1
:1+Ix3dx.
1 2]

Cau 36: Dap an A.
D€ do6 thi ham sd da cho c6 tiém can ngang thi it nhat mot trong cac diéu kién
sau thoa man:

lim (ax+\/4x2 +1)=y0; lim (ax+\/4x2 +1)=y0

(u2 —4)9{—l

Ta c6 lim (ax+\/4x2 +1) =lim ————2%*

X—>—00 X—>—00 1
a+,[4+—
x

Tw day ta thay d€ d6 thi ham s c6 tiém can ngang thi a*> - 4=0<a=12
Cau 37: Dap an D.

Xét phurong trinh hoanh d6 giao diém x,/In (x + 1) =0 x=0.
Khi d6 thé tich khdi tron xoay duwgc tinh bang cong thiic

1
VZTEJ.JCZ 1n(x+1)dx
0

Dit u=In(x+1)=du=——dx;

x3
vdv:xzdx:v:?

Khidé =[] D=1 o=
1d0O —E[x n(x+ ) x—?.n(x+ )0_-([3(3(4_1) X




O<a<l

woa

1 Hinh21

=1.ln2—l.

x3 x2
3 3[

3 2
=V =%(121n2 ~5) (dvtt)

Cau 38: Dap an A.
béat z=x+uyi, (x,ye]R).

ln|x+1|j‘2) :%(121n2 ~5)

Khi d6 2.(x+yi)=i(x-yi+3) < 2x-y+(2y-x-3)i=0

2x-y=0
=
-x+2y-3=0

x=1
f—
y=2

Cau 39: Dap an C.

:>z:1+2i:>|z|=«/g..

Mait cau (S) co tAm 1(1;2;—2), ban kinh R=v16+1+4+4=5.
Mat phéng tiép xuc véi mat cau, do dé d (I ; R) =5, ta thay chi c6 phuong an C,

D thdéa man.

Mit khac, mgt phang can tim chtra duong thang d:

Lay A(l;—3;0)ed thi Ag(P):—2x+2y—z+11=0, do d6 ta chon

Cau 40: Dap an A.
Ta co

x-1 y+3
2

z
X
C.

Ham s6 y =x*, véi a € R, dugc goi la ham s6 1y thira, cac dang d6 thi caa
ham s6 duwogc thé hién ¢ hinh 2.1

a.Dang ctia d6 thi ham s6 lity thira: Xét trén khoang (0;+o) thi

DG thi cia ham s6 Ity thita y = x* ludn di qua diém (1;1).

Trong hinh 2.1 la d6 thi ham s6 lay thtra trén (O ; +oo) tng voi cac gia tri khac

nhau cta o .

b. Bang tom tat tinh chét ctia ham s§ lity thira y =x% trén khoang (0;+).

qua diém (1; 1)

a>0 a<0
Pao ham y'=o.x*" y'=ox®!
Chiéu bién thién Ham s0 luén dong bién Ham s6 luon nghich
bién
Tiém can Khong cé Tiém can ngang la truc
Ox, tiém can duing la
truc Oy.
D6 thi D6 thi ham s6 ludn di D6 thi ham s6 luon di

qua diém (1 ; 1)

Ttr day ta chon dugc dap an A.

Cau 41: Dap an D.

Vido thiham s y= f(x) doi xtng voi (C) qua truc tung nén y(x) = y(—x)

Khi dé y = f(x)=

-x+2 x-2
—x-1 x+1°




STUDY TIP:
Bai toan twong tu bai
toan trong dé thi thie
THPT chuyén Luong
Van Tuy ma t6i da gidi
thiéu.

Cau 42: Dap an A.
Dat z=x+yi, (x,y GR), khi d6 ta co

BJx + yi+d =[2.(x — yi) - (x +yi) + 3]
& 3lx+(y+1)i| =[x +(3-3y)
9 +9(y+1) =\ +9(y—1)

2 _ _4x2
< 8x +9.(2y+2y)—0<:>y—7.

Vay tap hop tat ca cac diém M 1a mét parabol.
Cau 43: Pap an A

Goi dién tich mat ho la S, khi d6 luong beo hoa dau ban dau da 6 la % )
Goi x 1a s0 tuan beo hoa dau phu kin mat ho.
Khi do 235.3" =5 3" =25 x=log, 25.

Vay sau 7 xlog, 25 ngay thi luong beo hoa dau phu kin mét ho.
Cau 44: Dap an B.

2 =~2x£0

22 =\2x+2>0

x> - \/Ex‘ =log, (x2 ~2x+ 2)

Dt ¥ —2x=a=x? —2x+2=a+2
Khi d6 phuong trinh da cho tré thanh

At
log, |a| =log, (a+2)=t:>{|a|_3 c{

Di”éukién:{ <:>x¢0;x¢\/§.

Ta c6 log,

5 _2=3 @{5*—2—350(1)
a+2=>5"

5 -2=-3" |5 +3-2=0(2)
Dt f(t)=5-2-3'; g(t)=5'+3"-2
Bang phuong phap ham s6 ta [an luot chiing minh dwgc hai phrrong trinh
(1) , (2) ludn c6 nhiéu nhat mot nghiém trén R .
t=0=a=-1

Ma f(1)=0;¢(0)=0, do vay ta cé

/(1)=0:(0) e L=1:>a:3
Véi a=-1 thi phrong trinh da cho vo nghiém.
V6i a=3 thi phuong trinh da cho c6 hai nghiém phan biét thoéa man diéu kién.
Cau 45: Dap an A.
Xétham s& f(t)=t>+* -2t —2014 trén R.
Taco f' (t) =3t? + 2t -2 =0, phuong trinh c6 hai nghiém phan biét, suy ra ham
s0 ¢ hai cuc tri, tir day ta loai dwoc B.
V6i C, D ta thdy khong du dir kién dé khang dinh hai phuong trinh c6 cling s
nghiém.
A ddng, boi khi dat x —1=u thi hai phuong trinh f(x)=2017 va f(u)=2017
c6 cung s6 nghiém.
Cau 46: Dap an D.
Ta co A(x;y):>z=x+yi(x,y>0)



)

STUDY TIP:
Vi cac ban kha c6 thé
dp dung bat dang thic
Cauchy d€ giai quyét
bai toan nhanh hon.

STUDY TIP:
Ham van tdc 1a dao
ham cdp mot cua ham li
do.

—y—xi -2
Khido wete—t o1 _ZYZX_ZH 2%,

iz i(x+yi) —y+xi oy +xd 2 2

NN

Dén day ta chi c6 hai lwa chon 1a N hodc P, tuy nhién néu 1a N thi toa d0 sé la
(—y; —x), (do nhin hinh ta thdy OA=0N).

Khi d6 ta thay toa do diém biéu dién s& phirc w 1a ( 2x j

Tt day ta chon diém P.
Cau 47: Dap an A.
Goi M la trung diém cua BC.

Dung AM 1 BC, mat khac AM 1 BB' suy ra AM J_(BCC'B')

a3

Khi d6 AB'M =30°, lai c6 AM——:>AB sinB'= AM

Suyra AB'=

ANéO =a\/3= BB' = AB?~ AB* =a\2
azx/ga 2:513\/6
4 - 4

Do dé V =S,.BB'=

Cau 48: Pap an C.

Khi quay hinh tam giac ACH quanh truc AB ta duwoc khdi nén dinh A, c6 day la
hinh tron tam H ban kinh HC.

bat AH=h;,CH=r

Taco: V= %nrzh.

Ap dung hé thiic luong trong tam giac ACB ta c6CH” = HA.HB ,

Ma HB=(2R-h),

Suyra r* =h(2R—h)=V =%nh.(2R —h).h
Dé thé tich vat thé tron xoay tao thanh 16n nhat thi (2R - h) 1% 16n nhat.
Xétham s6 f(h)=2RHh* —h® trén (0;2R).

Ta c6 f'(h)=4R.h—3h2=o@h=% (do h>0).=r= 45 (21{——

3
CHr\/E \/5

Khi @6 tanoo=——=—=—= o =arctan—.
h 2 2

jsz

T3

Cau 49: Dap an C.
Phaén tich: Vi ham quang duong la nguyén ham ctua ham véan t6c, do d6 ta c6
thé tim duoc ham quang duong. Mat khac, khi tiép dat thi vat da di duoc
quang duong la 162 mét, do vay ta tinh dwoc thoi gian f ltic vat cham dat, lac
nay ta tim duoc v khi bat dau cham dat.
Loi giai

, 2 P
Ta 6 s(t)=[o(t)t=[(10t -t )dt——§+5t +C.

Do ta tinh thoi diém ban dau vat tai vi tri 0nén C=0.



—§+5t2 =162 =t=9=1v(9)=9(m/p).

Cau 50: Dap an B.

Nhén thay bai toan twong tu nhu cau 45, dé s6 2 sach “ B dé tinh tiy mon Toan
2017” ma tdi da phan tich chi tiét, & day ta thay, mat phiang chita diém M va
vudng goc voi d 1a mat phang cd dinh, do vay khoang cach tir A dén mat phang
dé cling 6 dinh, nén ta ¢4 10i giai sau:

Phuong trinh mat phang di qua M va vudng géc véid la: 2x+2y—z+9=0 (P )
Khi d6 (P) chira A.

Goi H 1a hinh chiéu ctia A 1én (P), K 1a hinh chiéu ctia A 1én dudng thang A.
Ta c6 AH < AK (trong tam gidc vudng canh goc vuéng nho hon canh huyén).

Hay d(A;A) > d(A;(P)) =const , dau bf;mg xay ra khi H =K.

x=1+2¢
Khi d6 phwong trinh AH la: {y=2+2t = H(1+2t2+2t;-3—t)
z=-3—t

Ma He(P)nén 2(1+2t)+2(2+2t)+3+t+9=0=t=—2= H(-3;-2;-1)

= u, = HM(1,0;2).


https://www.facebook.com/huyenvu2405
http://ngochuyenlb.gr8.com/



